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MORPHOLOGICAL AND TAXONOMIC DIVERSITY IN A CLADE'S HISTORY: 
THE BLASTOID RECORD AND STOCHASTIC SIMULATIONS 
BY 
MIKE FOOTE 
Abstract.- Ordovician-Permian Blastoidea are used to compare morphological 
and taxonomic diversity. Morphological diversity, based on the locations (in 
three dimensions) of homologous landmarks on the theca, is compared to 
published estimates of generic richness. Rarefaction of morphological 
distributions with respect to sample size (number of species) is presented as 
one way to analyze the structure of diversity, i.e., the relationship between 
morphological and taxonomic diversity. This allows the assessment of 
morphological diversity per unit taxonomic diversity. Any subset of a clade 
is less diverse than the clade as a whole. However, Permian blastoids occupy 
morphospace more extensively than the entire class in the sense that small, 
random subsamples from the whole class are not as diverse morphologically 
as are similar samples from the Permian. 
Whereas maximal generic richness occurs in the Lower Carboniferous, 
maximal morphological diversity is found in the Permian. Generic richness 
rises from the Ordovician to the Lower Carboniferous, then drops off, but 
morphological diversity may increase essentially until the group's demise. 
Artificially degrading the record so that each stratigraphic interval is represent- 
ed by a narrow temporal and geographic window does not substantially alter 
observed diversity patterns. Silurian and Devonian morphological diversifica- 
tion may outpace taxonomic diversification, but this observation depends on 
how morphological diversity is measured. Use of the center of gravity and 
the median to describe clade shape suggests that morphological diversity in 
the Blastoidea is concentrated later in time than taxonomic diversity. Because 
unequal time intervals bias measures of central tendency, such measures 
should be compared to the central tendency inherent in the time scale, rather 
than to the temporal midpoint of a clade's history. 
Stochastic simulations of taxonomic and morphological evolution yield clades 
whose morphological diversity is concentrated later in time than their taxo- 
nomic diversity. The prevalence of this difference between morphological and 
taxonomic diversity increases with the duration of the simulated clade and the 
number of morphological characters. By their very nature, randomly evolving 
clades exhibit diffusion through morphospace and extinction acting randomly 
with respect to morphology. This combination allows clades to maintain and 
even increase their morphospace occupation in the face of declining taxonomic 
diversity. Although it cannot be concluded that the blastoids represent a 
randomly evolving clade, smaller-scale directionallties may "cancel out" when 
the clade is viewed at a sufficiently large scale, so that large-scale cvolution- 
ary patterns are not readily d~stinguishable from randomness. 
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INTRODUCTION 
One of the principal goals of paleobiology is interpretation of the bewildering variety of 
organisms in the fossil record. This variety has been assessed by reference to at least two 
concepts, the number of entities (diversity) and the morphological differences among them 
(distinctness or disparity) (e.g., Yochelson, 1978, 1979; Jaanusson, 1981; Runnegar, 1987; 
Gould, 1989). Despite the importance of both notions of variety in the history of life, large- 
scale evolutionary patterns are often documented primarily in terms of taxonomic diversity 
(e.g., Valentine, 1969; Bambach, 1977; Sepkoski et al., 1981; Sepkoski, 1984). At least two 
reasons can be given for this: (1) whereas taxonomic richness is readily quantified by simple 
counting of what are believed to be biologically comparable entities, morphological variety can 
be more difficult to measure consistently. There are relatively few studies in which many, 
distantly related lineages within a higher taxon have been described by a single morphometric 
system (e.g., Raup, 1966, 1967; Cain, 1977; Cherry et al., 1985; Saunders and Swan, 1984; 
Swan and Saunders, 1987; Foote, 1991). Even when it is possible to establish a morphospace 
for all forms, this generally results in a loss of morphological resolution, as all forms are 
reduced to the "least common denominator." Furthermore, the larger Lhe scale of analysis, the 
greater the loss of resolution. Raup's (1966) molluscan coiling parameters, for example, 
describe the general form of the shell fairly well, but do not consider features such as 
ornamentation and apertural angle. (2) In contrast to taxonomic diversity studies, in which 
there may be a rough correspondence among, say, genera in different classes, morphological 
descriptions tend to be more idiosyncratic, making the comparison of morphological variety 
among different higher taxa difficult if not impossible. 
In discussing diversity I will use the following terminology: richness refers to the number 
of taxa; morphological diversity or morphological variety refers to the variance in form or the 
amount of morphospace occupied (see discussion below), irrespective of taxonomic richness; 
and diversity (unqualified) refers to any of the foregoing concepts. I avoid the term disparity 
because it has been used to refer to variation among phylum- or class-level body plans 
(Runnegar, 1987), whereas this study focuses on morphological variation within a body plan. 
One may be quick to reason that taxonomic richness and morphological variety must 
correlate positively, since taxa are based on morphology. Let me emphasize that I do not 
mean to imply that the erection of fossil taxa is independent of morphology. Our ability to 
recognize two species implies that these species must be morphologically different from each 
other; but it implies little if anything about the magnitude of that difference. At a larger scale, 
we may have scores of species built upon the same morphological theme (less variety), or just 
a handful of species, each of which is morphologically very different from the others (greater 
variety). 
It is often assumed that taxonomic richness is in some way a proxy for the magnitude of 
morphological variety. This equation of taxonomic diversity and morphological variety is 
perhaps most striking in discussions of "adaptive radiation." In a summary, Stanley (1979) 
follows Simpson's (1953) definition by referring to adaptive radiation as a proliferation not just 
of many taxa (richness) but of many kinds of organisms (morphological variety). However, 
his ensuing discussion refers primarily to richness for documentation of adaptive radiation. It 
is probably true that the proliferation of taxa, particularly higher m a ,  generally represents a 
proliferation of morphological variety (Valentine, 1969). However, such a correlation may be 
only approximate, as the morphological nature of higher taxa is not uniform. For example, the 
proliferation of trilobite families is most striking in the Cambrian (Stubblefield, 1960; Har- 
rington, 1959). But the proliferation of morphological variety is more pronounced in the 
Ordovician, as the morphological differences among higher taxa (superfamilies) are greater in 
the Ordovician than the Cambrian (Whittington, 1954, 1966; Fortey and Owens, 1990; Foote, 
1991 and references therein). Although a lack of concordance between morphological and 
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taxonomic diversity may be an artifact of taxonomic practice, such discrepancies need not 
imply that either morphological or taxonomic diversity measurement is somehow "wrong." As 
with richness and evenness in ecology, the two concepts concern different aspects of diversity. 
In this study I present a comparison between taxonomic and morphological diversity for a 
single clade, the echinoderm class Blastoidea. I will show that the large-scale patterns in these 
two aspects of diversity are not identical. For example, maximal generic richness and maximal 
morphological variety do not coincide temporally. It appears as though generic richness waxes 
and wanes (Waters, 1988), whereas morphological diversity increases more steadily even in the 
face of declining taxonomic richness. Therefore, there may be a tendency for morphological 
diversity to be preferentially concentrated later in the clade's history than generic richness. 
Computer simulation indicates that this asymmetry between taxonomic richness and mor- 
phological hversity may be the expected outcome of a time-homogeneous, stochastic model of 
clade evolution. This asymmetry can be attributed to diffusion through morphospace and to 
extinction that is effectively random with respect to morphology. These factors allow mor- 
phological variety to be maintained, and even to increase, in the face of reductions in taxon- 
omic richness. 
BLASTOIDEA AND MORPHOMETRICS 
General Considerations 
A higher taxon treated as an evolving entity should possess several characteristics. (1) For 
many kinds of studies, it should be strictly monophyletic (i.e., holophyletic). The theoretical 
basis of some analyses, such as that presented here, involves the fate of all and only descen- 
dants of a common ancestor. This does not argue against the utility of paraphyletic or even 
polyphyletic taxa for the study of patterns such as the timing of extinction or the occupation of 
adaptive zones. (2) For some analyses, the clade should be extinct. There are two principal 
reasons for this requirement, the relative importance of which varies from case to case: (a) for 
some studies, such as the present one, the entire evolutionary history of a clade may be of 
interest, something that simply cannot be known for an extant clade, and (b) the Pull of the 
Recent and related factors (Raup, 1979) complicate temporal comparisons of diversity if extant 
taxa are involved. (3) The systematic trealrnent of the group should be stable and consistent, 
so that changes in taxonomic richness can be reliably assessed. (4) Morphology should be 
readily measurable in a way that is informative and consistent from species to species within 
the clade. Finally, (5 )  all else being equal, it may be preferable to study a clade with a 
relatively long duration and many subtaxa. There is nothing uninteresting about clades that are 
short-lived or not very diverse, but sampling error is generally more significant for such clades. 
The echinoderm class Blastoidea satisfies these five conditions well. 
The evolutionary history of the blastoids has been summarized most recently by Waters 
(1988). The class Bla~toidea, which is generally considered to be monophyletic (e.g., Sprinkle, 
1973, text-fig. 20), attained a total diversity of over 90 genera, and endured some 200 million 
years, from the upper Ordovician to the late Permian. Because the description and revision of 
genera and species has been done by a relatively small group of paleontologists, often working 
in collaboration, taxonomic concepts below the family level are reasonably consistent and allow 
temporal changes in generic richness to be reliably documented. 
The theca is the principal source of morphological information for blastoids. Despite great 
variation in thecal morphology, blastoids differ from most other echinoderm classes in having 
an essentially stable number and arrangement of major thecal plates. Thus, the morphology of 
nearly all blastoids can be readily assessed with a single set of descriptors, as will be dis- 
cussed below. 
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TABLE 1 - Geologic time scale, generic richness, and number of species measured in Blastoidea 
Interval Base' Duration Midpoinr GeneraZ N3 
Caradocian-Ashgillian 464 25 451.5 1 1 
Silurian 439 30.5 423.8 3 4 
Devonian 408.5 46 385.5 17 25 
Lower Carboniferous 362.5 39.7 342.7 53 42 
Upper Carboniferous 322.8 32.8 306.4 6 3' 
Permian 290 45 267.5 18 13 
Ages in million years before present; durations in million years. Based on Harland et al. (1990). 
Number of genera in interval, based on Waters (1988). 
' Number of species measured. 
' Based on range-through method described in text. 
Generic Richness 
Compiled estimates of species richness are not yet available, but await further revision of 
spiraculate blastoids. However, because most genera have either one or two species (Waters, 
1988), the history of species richness is likely to be similar to that of generic richness. To 
obtain estimates for the number of genera through time, independent of the number of genera 
sampled for morphological measurements, I used the compilation of stratigraphic ranges 
published by Waters (1988), based on a previous compilation by Horowitz et al. (1985). 
Although some details of this compilation may be open to question, it seems close to a 
consensus. I have included both named genera and entries in Waters' list such as "Fissiculate 
genus 1" (many of the unnamed genera are in the process of being described or have been 
described since publication of Waters' compilation; Horowitz, personal communication). For 
the patterns to be discussed below, it makes relatively little difference if such unnamed genera 
are included or excluded. 
Allhough generic ranges are given by Waters (1988) to the series level, the small sample 
sizes (for both generic richness and morphological data) for most series make the analysis of 
data at the system level more prudent for the present study. The time scale employed in  this 
study (Table 1) is based on Harland et al. (1990). Also given in this table are the generic 
diversity data from Waters (1988) and the number of species measured. Placement of some 
Namurian genera in the stratigraphic framework used here is not without uncertainty, partly 
because of difficulties in global correlation (Macurda and Mapes, 1983; Macurda, personal 
communication). Because the genera Artuschisma, Dolichoblastus, Kazachstanoblastus, and 
Mastoblastus are considered by their authors to be early Namurian in age (Arendt et al., 1968), 
I have placed them in the Lower Carboniferous. As just a few genera are involved, this 
decision has little effect on the analysis. Similarly, use of the time scale employed by 
Horowitz et al. (1985) does not alter any of the patterns appreciably. 
Morphometric Description and Sampling 
Morphometric analysis of blastoids has concerned primarily the vau1t:pelvis ratio (e.g., 
Waters et al., 1985) and ontogenetic regressions of plate rneasurcments (e.g., Macurda, 1966, 
1983). The vau1t:pelvis ratio is useful for comparisons within species or among similar 
species, but does not provide sufficient detail for the study of all blastoids simultaneously. 
Macurda's ontogenetic studies embody more information, but there are questions of strict 
homology of the measures among genera. Furthermore, Macurda's approach is potentially un- 
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basal view A-radial view 
FIG. 1- Generalized blastoid theca showing morphological landmarks. 1, conjunction of three basal 
plates; 2, conjunction of A-radial, E-zygous basal, and azygous basal; 3, conjunction of A-radial, B- 
radial, and azygous basal; 4, conjunction of E-radial, A-radial, and E-zygous basal; 5, conjunction of 
A-radial, B-radial, and AB deltoid; 6, conjunction of E-radial, A-radial, and EA deltoid; 7, most 
adoral point on AB deltoid; 8, most aboral point on A-ambulacrum. Abbreviations: a, arnbulacrurn; 
ab, azygous basal; d, deltoid; r, radial; z, zygous basal; A, R,  and E refer to rays. 
wieldy in the sheer number of measures and regressions involved. Therefore, this approach is 
not best suited for the present problem of considering all blastoids in a single morphospace. 
Of the several kinds of blastoid thecal plates, three types, deltoids, radials, and basals, are 
generally well preserved and largely determine the overall shape of the theca. The importance 
of measuring features that are homologous among all forms is widely recognized, but at the 
class level this can often be a difficult requirement to satisfy. Because of their conservative 
plate arrangement, blastoids have the uncommon advantage that the principal aspects of 
variation in the theca can be captured with a reliable set of homologous landmarks, i.e., 
discrete points on the theca that correspond from species to species. 
Morphometric description 
Morphometric description of blastoids is based on the locations of eight landmarks, six of 
which represent the conjunction of three plates, and two of which represent extremal points 
(Fig. 1). These landmarks were chosen to give coverage to the whole theca, and because they 
can be located on virtually all blastoids. An example of a form that could not be accom- 
modated would be Astrocrinus, having only two basals (Macurda, 1977b). In order to reduce 
redundancy associated with the near-pentarneral symmetry of most blastoids, only a single ray, 
the A-ray, was measured (another advantage to measuring a single ray is that incomplete 
thecae can be measured, thus increasing sample size). This particular ray was chosen because 
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it is one of the rays (the other being the B-ray) in which both types of basals, zygous and 
azygous, are found. In nearly all blastoids the azygous basal lies in the AB interray. In the 
unusual case of basal inversion (where the azygous basal lies in either the CD or the DE 
interray), the ray between the azygous basal and the zygous basal clockwise to it (as seen from 
the basal view) was measured, rather than the A-ray. In the current study only a single 
specimen, representing the species Diploblastus glaber (which characteristically has the azygous 
basal in the DE interray; Macurda, 1978), has inverted basals. Because only a single specimen 
is involved, the operational decision to treat the D-ray as pseudo-homologous with the A-ray 
has little effect on the analysis of evolutionary patterns. Although the A-radial plate appears 
superficially to be bilaterally symmetrical, some asymmetry results from the abutment of both 
types of basals. This warrants measurement of both sides of the ray. On the other hand, 
preliminary analyses suggested that the location of the most adoral point on the EA deltoid is 
sufficiently similar to the corresponding point on the AB deltoid, that only one of these 
deltoids need be measured. 
Having chosen the locations of landmarks, it is necessary to establish a morphospace in 
which all blastoids can be accommodated. I have used the raw coordinates of the landmarks, 
after scaling the thecae to a common size and placing them in a common orientation. Each 
theca is scaled individually, based on the distance between a pair of thecal landmarks. (The 
orientation and scaling of thecae are described more fully below.) The morphometric variables 
are the Cartesian coordinates themselves, not distances among landmarks. This approach is 
similar to the use of shape coordinates (Tabachnick and Bookstein, 1990; Booksdn, 1991), but 
is somewhat more simplified than the formal extension of shape coordinates to three dimen- 
sions (Tabachnick, personal communication). 
Each theca is translated so that landmark 1 is the origin and landmark 7 is on the z-axis. 
The axis from landmark 1 to landmark 7 approximates the long axis of the theca. To scale to 
a common size, this axis is assigned unit length. Thus, landmark 1 is constrained to have 
coordinates (0,0,0) and landmark 7 to have coordinates (0,0,1). (Other means of scaling, such 
as centroid-averaging, were investigated and found to yield similar results.) Because this 
standardization still allows the theca to rotate about this axis, a unique description of the theca 
is not obtained unless the orientation is further specified. To do so, I constrained landmark 4 
to lie in the X-Z plane, in such a way that x > 0; thus its coordinates in the new system are 
(x,O,z). Because the coordinates of landmarks 1 and 7 are not free to vary, and only two of 
the coordinates of landmark 4 are free to vary, there are a total of 17 coordinates (as opposed 
to the original 24 coordinates) describing the morphology of each theca. These coordinates 
represent 17 morphological variables defining the blastoid morphospace. Three-dimensional 
Cartesian coordinates were digitized using a Reflex Microscope (Reflex Measurement Ltd.). 
The orientation of the theca during measurement is arbitrary; reorientation and scaling of 
thecae are performed by computer, using standard geometric transformations. 
To assess the repeatability of measurements, a single specimen of Heteroschisma canadense 
was measured twenty times (the species and specimen were chosen randomly from those 
available in the collections of the University of Michigan Museum of Paleontology). Rcplica- 
tion variance (not presented here) is small compared to variation within species, and can be 
safely disregarded. 
Sampling 
Specimens were selected, based on availability, from collections of the University of 
Michigan Museum of Paleontology (UM) and the United States National Museum of Natural 
History (USNM). No attempt was made to limit sampling to particular genera and species; 
rather, any specimen was considered if it was sufficiently well preserved to be measured. 
Because the number of specimens per species varies widely (in the present study from 1 to 
lo), allowing each specimen to represent a single observation may cause just a few species to 
dominate perceived patterns (see Foote, 1991). Therefore, each species was represented in this 
study by its average morphology. A total of 113 specimens, 85 species, and 45 genera (about 
half of all described genera accepted as valid by Waters, 1988) were measured. This coverage 
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is broad enough that i t  should allow a reasonably accurate documentation of large-scale 
evolutionary patterns in the blastoids. It should be noted that the patterns documented using 
replicates within species are broadly similar to those documented using species averages. This 
also suggests that minor uncertainties due, for example, to misidentification or synonymy are 
unlikely to have substantial effects on the analysis. A list of specimens measured is given in 
Appendix A. A table of average measurements for each species is given in Appendix B. 
It is well known that Lower Carboniferous and Permian blastoids are diverse and locally 
abundant, whereas blastoids in the Upper Carboniferous are rather rare (e.g., Waters, 1988). 
The suggestion that the dearth of Upper Carboniferous blastoids is preservational has been 
based on the observations (1) that some genera are well known in the Lower Carboniferous 
and Permian (and therefore must range through the Upper Carboniferous), but unknown or 
poorly known in the Upper Carboniferous (Breimer and Macurda, 1972; Macurda and Mapes, 
1983), and (2) that more intensive sampling of Upper Carboniferous, non-carbonate facies has 
yielded an increasing number of blastoids (Macurda and Mapes, 1983). On the other hand, it 
has k e n  argued that, because (presumably) ecologically and taphonomically similar crinoids are 
common in the Upper Carboniferous, the rarity of blastoids is evolutionary (Strimple and 
Mapes, 1977). In the absence of compelling evidence for greater generic richness in the Upper 
Carboniferous, I have considered the record at face value. 
Given the paucity of Upper Carboniferous blastoids, there are currently no morphological 
data representing this stratigraphic interval. In contrast to the case of generic richness, we 
know that morphological variety is greater than observed, i.e., greater than zero! In order to 
estimate morphological variety for the Pennsylvanian, I have used the range-through method 
commonly employed in biostratigraphy. Three of the six genera known or inferred to occur in 
the Upper Carboniferous (Angioblastus, Orbitremites, and Pentremites) are represented in the 
morphological data. I have taken the average morphology of each of these genera, to yield 
three data points for the Upper Carboniferous. This is a crude approximation, but it is 
probably not extremely unreasonable, as the morphology of a genus is not likely to vary 
appreciably relative to variation in the class as a whole. As will be seen below, morphological 
variety so estimated for the Upper Carboniferous tends to fall between the values observed for 
the Lower Carboniferous and Permian. 
ANALYSIS OF MORPHOLOGICAL DIVERSITY 
Preliminary Investigation of Morphospace Occupation 
In order to allow graphical depiction of morphological data, I have determined the principal 
components (PCs) of the blastoid morphospace, based on the covariance matrix of the Car- 
tesian coordinates. PCs 1-3 summarize over 94% of the total variance in the 17 coordinates, 
and PCs 1-6 summarize over 99% of the total variance. Figure 2 shows the positions of 31 
fissiculate species and 53 spiraculate species ordinated along the first three PCs, as well as the 
position of the oldest known blastoid, Macurdablastus uniplicatus (of unknown ordinal affinity), 
from the Caradocian of Tennessee (Broadhead, 1984). Neither the Fissiculata nor the Spirac- 
ulata can k analyzed separately as a clade, because the former is paraphyletic and the latter 
polyphyletic (Breimer and Macurda, 1972, pp. 358-360; Horowitz et al., 1986). Nevertheless, 
the two orders occupy relatively distinct regions in morphospace. 
The locations of several genera are depicted along with sketches of the thecae. As would 
be expected, forms with different general appearance do fall in different regions in the PC 
space. The landmarks also allow the discrimination of two superficially similar forms, one 
(Globoblastus) with very long radials, the other (Nucleocrinus) with very long deltoids. Thus, 
both gross thecal form and the form of individual plates are captured in this morphometric 
framework. 
If the species are arranged by stratigraphic interval (Fig. 3), i t  appears as though the Lower 
Carboniferous is represented by the greatest morphological variety, as measured by the extent 
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Fissiculata Spiraculata Macurdablastus 
a 4 
FIG. 2- Ordination of 85 blastoid species along first, second, and third principal components (PCs). PC 
scores unstandardized. Locations of six genera also indicated. a, Nucleocrinus; b, Globoblastus; 
c, Timoroblastus; d, Phaenoschisrna; e, Angioblastus; f, Pentremiles. Note different locations of 
Nucleocrinus and Globoblastus, because of different individual plate shapes, despite overall resem- 
blance of entire theca. Also note relatively distinct regions occupied by fissiculates and spiraculates. 
Sketches of blastoid genera from Fay and Wanner (1967). 
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FIG. 3- Ordination of 85 blastoid species along firs[ three principal components, arranged by strati- 
graphic interval. (Number of species measured in parentheses.) The oldest known blastoid, Macur- 
dablustus uniplicatus, from the Caradocian of Tennessee (Broadhead, 1984). is indicated by the solid 
star. Note increase in both morphological variety and sample size from Silurian to Devonian and 
Devonian to Carboniferous, while transition to Permian is marked by increase in morphological variety 
despite decrease in sample size. 
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of morphospace occupation (agreeing with its status as the interval with the greatest generic 
richness), followed by the Permian, Devonian, Silurian, and Ordovician. However, one's 
impression of morphological diversity, whether based on inspection of a bivariate plot or an 
array of actual specimens, inevitably depends on sample size. The greater the sample size, the 
larger, on average, will be the morphological range. Therefore, it will be very important, in 
choosing quantitative estimators of morphological diversity, to correct for differences in sample 
size. 
Measuring Morphological Variety 
At least two notions of morphological variety are commonly employed: (1) the average 
dissimilarity among forms, and (2) the amount of morphospace occupied. In the univariate 
case (1) is most obviously measured by the sample variance, and (2) by the range. (Multi- 
variate extensions will be discussed below.) An exhaustive treatment of the measurement of 
morphological diversity will not be attempted here, but some advantages and disadvantages of 
different approaches should be mentioned. In the present context, the principal advantage of 
the variance is that it is relatively insensitive to sample size. On the other hand, the variance 
can be sensitive to taxonomic practice. Oversampling of a particular morphotype because of 
taxonomic splitting will tend to bias the variance downward if that morphotype is near the 
average morphology, and upward if the morphotype is far from the average morphology. The 
effect of taxonomic lumping is the opposite. The principal advantage of the range is that it is 
essentially insensitive to taxonomic practice; therefore, morphological diversity can be assessed 
for poorly monographed groups, or with little or no reference to taxonomic information (see 
Foote, 1990). However, the range is strongly dependent on sample size. 
Because variation in taxonomic practice is unlikely to be very important within the Blas- 
toidea, sample-size dependency appears to be the major concern. This would suggest the use 
of the variance. However, because the amount of morphospace occupied remains an important 
aspect of morphological variety, it will be useful to develop methods that enable the range of 
morphospace occupation to be assessed in a way that corrects for sample size. One such 
approach, rarefaction of samples, is outlined briefly below. Secular patterns of morphological 
diversity are therefore documented using both the variance and the range, corrected for sample 
size differences. 
Bootstrapping (random sampling with replacement from the morphological distribution; 
Efron, 1982) was used to obtain an unbiased estimate of the variance, especially important 
when sample size is small as in the Silurian. All bootstrapped estimates were based on 1000 
replications. In order also to corrcct for sample size effects (expected to be small for the 
variance) the bootstrapped estimates of variance were based on random samples of three 
species (equivalent to the number of data points represented in the Upper Carboniferous). 
(There is little appreciable difference between the variance calculated directly and that based on 
bootstrapping.) 
Multivariate extension 
Van Valen (1974) discusses the multivariate generalization of the univariate variance (see 
also Ashton and Rowell, 1975). The total variance, i.e., the sum of univariate variances, is 
equivalent to the average squared Euclidean distance of all points from the centroid (Van 
Valen, 1974). Because my interest here is in the use of a single meuic to measure overall 
variability in a single group, approaches that consider the differences in  within- and among- 
group variability are not immediately relevant. 
As discussed above, one may be interested in some measure of the amount (it . ,  volume or 
hypervolume) of morphospace occupied. The product of univariate variances as a measure of 
this volume has the disadvantage that the product vanishes or nearly vanishes if any of the 
variances are zero or nearly zero (Van Valen, 1974). Furthermore, redundancy in the variables 
causes overestimation of the volume of morphospace occupied. One solution to these difficul- 
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ties lies in the use of principal components (Van Valen, 1974). Redundancy can be reduced 
and the number of PCs limited, decreasing the probability that any dimension (PC) will have a 
variance of zero or nearly zero. Although the choice of how many PCs to include is arbitrary, 
this choice can at least be consistently made within a single analysis. Because the first six 
PCs summarize about 99% of the total variance, I have used these PCs to estimate both total 
variance and the product of variances. Analyses based on the fxst three PCs yield similar 
results, suggesting that observed patterns are not the consequence of small variances in the 
higher PCs 
A further difficulty remains with use of the product of variances. Samples that differ only 
slightly in variance in each dimension will appear to differ progressively more as the number 
of dimensions increases. For example, two samples whose variances differ by a factor of 1.1 
in each of six dimensions will differ by a factor of (1.1)~, or 1.77, in the product of the 
variances. I have therefore used the geometric mean of variances (the kb root of the product 
of k variances) as an indication of multivariate morphospace occupation scaled to a single 
dimension. 
In addition to the foregoing measures of multivariate variability based on the variance, I 
calculated analogous measures of variability, the total range and the geometric mean range of 
samples rarefied to a common sample size (see below). 
Morphological rarefaction 
How much morphospace would be occupied by a taxonomic group if it were constrained to 
be represented by a particular number of species? This question is analogous to those 
addressed by Sanders (1968) (How many species are likely to be represented in an ecological 
sample of a particular number of individuals?) and Raup (1975b) (How many higher taxa are 
likely to be found in a paleontological sample of a specified number of lower taxa?). 
Although the problems addressed by Sanders and Raup have an analytical solution based on 
sampling theory, the question involving morphology can be solved analytically only if the 
distribution of data is wcll characterized (e.g., multivariate normal). In general, it is necessary 
to rarefy a sample (is., to estimate its likely diversity at smaller sample sizes) by brute force, 
repeatedly pulling random samples. As with rarefaction of diversity data, samples to be 
compared must represent similar sampling conditions and methods. 
The technique of morphological rarefaction is illustrated in Fig. 4 for blastoids arranged by 
stratigraphic interval. For a particular sample, two species are chosen at random. Morphologi- 
cal variety (the range, total range, or geometric mean range) is then computed. (Sampling here 
is without replacement. One could also sample with replacement, with the effect that the 
range would be lowered.) Another random sample of two species is chosen and its diversity 
computed. This is repeated many times, and the average of the diversity values represents the 
estimate of the diversity one would expect to find at a sample size of two. The whole 
procedure is then repeated for three species, four species, and on up to the total number of 
species. Confidence intervals around this expectation can be empirically determined based on 
the distribution of randomized values. Here I have drawn the 90% confidence interval, i t . ,  the 
interval containing 45% of rarefied diversity values on each side of the mean. A complete 
discussion of morphological rarefaction is given by Foote (1992). 
Taking sample sizes at face value, the total range of PCs 1-6 is similar for the Devonian 
and Lower Carboniferous, and somewhat higher for the Permian (Fig. 4A). However, if Car- 
boniferous blastoids were represented by the same number of species as Permian forms, they 
would exhibit a much lower total range. Another approach is to compare the diversity within 
stratigraphic intervals to that of the entire class (Fig. 4B). Here we see that Silurian, Devon- 
ian, and Carboniferous blastoids are less diverse morphologically than is the class as a whole, 
while Permian blastoids are actually more diverse when normalized for sample size. Use of 
the geometric mean range reveals the same pattern. 
Two issues need to be separated in the use of rarefaction: (1) the meaning and interpretation 
of the number of species sampled, and (2) the structure of diversity, i.e. the relationship 
between sample size and morphological diversity. The decision to rarefy a sample may be 
112 M. FOOTE 
,,. R A l l  
FIG. 4- Rarefaction of morphological distributions. Abscissa is the number of spccics sampled; ordinate 
is the expected total range of PCs 1-6 (unstandardizcd) at the corresponding sample size (based on 
100 random samples of N species each). (Figs. 5-10 are also based on PCs 1-6.) Abscissa is 
logarithmic to account for decreasing proportional contribution of sample size to morphological 
variety. Dashed curves give 90% confidence interval for rarefaction curve. A: Silurian, Devonian, 
and Permian compared to Lower Carboniferous. B: Silurian, Dcvonian, Lower Carboniferous, and 
Permian compared to entire class (curve labeled "All"). Abbreviations: C, Lower Carboniferous; D, 
Devonian; P, Permian; S, Silurian. Devonian and Carboniferous diversity structure do not differ 
significantly, while Silurian and Permian blastoids occupy less morphospace and more morphospace, 
respectively, per unit taxonomic richness than Devonian or Carboniferous blastoids. Blastoids in each 
interval except the Permian not only occupy less morphospace lhan the entire class, but also less 
morphospace per unit taxonomic richness. 
made because one suspects that differences in sample size (here, number of species) do not 
reliably indicate true differences in species richness. For example, the number of described 
genera in the Devonian and Permian is nearly the same (17 and 18, respectively), but nearly 
twice as many Devonian species are represented in the morphological data (25 vs. 13). This 
suggests that the Devonian is more thoroughly represented than the Permian. In such a case 
one would obviously want to rarefy the Devonian sample to the size of the Permian sample. 
Conversely, there are only three genera described from the Silurian, all of which are represent- 
ed in the morphological data. To rarefy the Devonian sample to the size of the Silurian 
sample would seem to suggest that we can have no confidence whatsoever in sample size 
differences. Given the intensity of paleontological sampling, i t  seems unlikely that there are 
dozens more Silurian blastoid species waiting to be found. Thus we are tempted to say that 
the morphological range in h e  Silurian is low not just because it is represented by a small 
sample, but because there really were not many blastoid species around at that time. 
The foregoing could be taken as an argument against rarefaction. However, I would suggest 
that rarefaction is desirable because i t  can more objectively distinguish differences in mor- 
phological variety correlated with sample size from those that are biologically "real" in the 
sense given above. Therefore, it is not necessary to try to determine a priori (and with some 
uncertainty) which differences are "real" and which are not. Note that rarefaction of the 
Devonian, Carboniferous, and Permian samples to the sample size of the Silurian does not 
impart the same morphological diversity to these four samples. It is the structure of diversity, 
rather than the interpretation of differences in sample size, that is of principal importance here. 
Differences in slope of the rarefaction curves suggest that Permian and Carboniferous mor- 
phological diversity are qualitatively d~fferent; they do not represent simply different numbers 
of species drawn from the same diversity structure. In contrast, the observed difference in 
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FIG. 5- Generic richness (from Waters, 1988) and total variance against stratigraphic interval. Arrows 
marked 'T" and "Mu show taxonomic and morphological CGs; arrows marked "t" and "mu show 
taxonomic and morphological medians. Note temporally forward displacement of morphological 
variety with respect to taxonomic richness. Abbreviations: UO, Upper Ordovician (Caradocian and 
Ashgillian); S, Silurian; D, Devonian; LC, Lower Carboniferous; UC, Upper Carboniferous; P, 
Permian. 
total range between the Devonian and Carboniferous may reflect simply the sampling of 
different numbers of species from the same diversity structure. 
COMPARING MORPHOLOGICAL AND TAXONOMIC DIVERSITY 
Secular Pattern 
The secular pattern of total variance is depicted in  Fig. 5 along with generic richness data 
from Waters (1988). Discordances between the two aspects of diversity are obvious. For 
example, although maximal generic richness occurs in the Lower Carboniferous, both the 
Devonian and Permian exhibit higher morphological diversity. This reflects, in part, the fact 
that many Lower Carboniferous genera are variations on the ellipsoidal-globose theme (Macu- 
rda, 1977a). The genus concept in blastoids is probably sufficiently uniform that the amount 
of morphological variation within a genus does not change systematically through time 
(Macurda, personal communication). However, the magnitude of the gaps among genera and 
among species is far from constant, with the result that generic richness gives a poor indication 
of the magnitude of morphological variety in h e  class as a whole. 
Measures of the extent of morphospace occupation (geometric mean variance, sum of 
ranges, and geometric mean range) suggest a temporal pattern in  which morphological diversity 
is higher in the Silurian and Lower Carboniferous than indicated by total variance (Figs. 6-8). 
No single indication of morphological diversity can be considered the "correct" measure. A 
"consensus" among the different measures of morphological diversity was oblained by scaling 
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FIG. 6- Generic richness and geometric mean variance. Pattcm of morphological and taxonomic central 
tendency similar to that in Fig. 5. 
G e o l o g i c  T i m e  
FIG. 7- Generic richness and total morphological range (rarefied to n = 3). Pattern of morphological 
and taxonomic central tendency similar to that in Fig. 5. 
each measure from zero to unity and taking the mean for each stratigraphic interval. This 
normalized measure of morphological diversity suggests that, despite the nearly unimodal 
pattern of increase and decrease in generic richness, morphological diversity continued to 
increase until the extinction of the Blastoidea (Fig. 9). In  addition to the overall increase in 
morphological diversity, the use of morphological range suggests early morphological diver- 
sification that outpaces taxonomic diversification (Figs. 7 and 8). 
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FIG. 8- Generic richness and geometric mean range (rarefied to n = 3). Pattern of morphological and 
taxonomic central tendency similar to that in Fig. 5. 
Geologic  T~rne 
FIG. 9- Generic richness and normalized average of four measures of morphological diversity from 
Figs. 5-8. 
Clade Shape 
The temporal pattern of diversity can be treated more absuaclly, so that the diversity 
histories of different clades, or different aspects of diversity in the same clade, can be 
compared. Gould et al. (1977) presented some clade shape descriptors to convey statistical 
properties of clade histories. The center of gravity (CC) statistic was presented as a "measure 
of the relative position in time of the mean diversity" of a clade (Gould et al., 1977, p. 26). 
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TABLE 2 - Clade center of gravity, CG, and median for generic richness of Blastoidea 
Data 
Scaled Scaled 
CC1 CG2 Median' median2 
Constant diversity' 
Generic richness (Table 1) 
One genus added to Ordovician 
Two genera added to Ordovician 
One genus added to Permian 
Two genera added to Permian 
One genus taken from Permian 
Two genera taken from Permian 
Constant diversity, Ordovician omitted3 











Million years before present. 
Duration of clade scaled to unit length. 
CG and median with constant diversity represent central tendencies inherent in time scale. 
The taxonomic and morphological CGs are given by 
n n 
C G , = C d , t , / C d ,  and C G , = C w , t , / C w ,  
i=l t=1 i=l i=l 
where n is the number of stratigraphic intervals, I, is the midpoint of the i' stratigraphic 
interval, and d, and w, are the number of genera and h e  morphological diversity, respectively 
(Gould et al., 1987, equation on p. 1438). I have also calculated the median as a descriptor of 
clade shape, i.e. the point in time where the cumulative diversity is equal to half the total 
cumulative diversity. 
Gould et al. (1987) discuss the problem of unequal interval lengths. If just a single 
diversity value is taken for each interval, then a series of short intervals will carry dispropor- 
tionate weight in the calculation of central tendency comparcd to a single, longer interval. 
Conversely, if diversity values are interpolated every million years, then longer intervals cany 
disproportionate weight (Gould et al., 1987). Gould et al. (1987) approached this problem both 
by interpolation of values at million-year increments, and by treating interval lengths as 
uniform. As a compromise, each stratigraphic interval can be represented only once, at its 
midpoint, with the CG being compared to the CG inherent in the time scale. For equal 
interval lengths, a clade with constant diversity will have a center of gravity of 0.5. However, 
a clade with constant diversity in the time scale used here would have a center of gravity of 
0.462, and a median of 0.463 (Table 2). The CG of a clade with constant diversity is the 
same as the CC obtained if the observed diversity values are repeatedly randomized with 
respect to stratigraphic interval, and the average CG taken over all the possible randomizations. 
This is also true of the median. Just as the periodicity inherent in the time scale must be 
evaluated when studying the timing of extinction events (Stigler and Wagner, 1987; Raup and 
Sepkoski, 1988), the cenual tendency inherent in the time scale must be taken into considera- 
tion when evaluating clade shape. Because this study compares temporal patterns to each 
other, rather than to a theoretical expectation, inaccuracies in the time scale are not of primary 
importance. 
The median is sometimes considered preferable to the mean because slight variation in the 
tails of a distribution (particularly if it is asymmetric) can affect the mean more strongly. The 
mean also tends to be pulled by a long tail of a distibution, even if [hat tail accounts for little 
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of the cumulative frequency of the distribution. An example of this is the familiar case of one 
millionaire balancing a thousand paupers. Table 2 shows the effect of adding or subtracting a 
small number of genera in the tails of the generic richness history of the blastoids. Although 
the mean is affected more than the median by these variations, the effect in either case is 
rather small. This is because the duration of the clade (analogous to the range of the frequen- 
cy distribution) is not affected. Omitting the Ordovician altogether (and thus changing the 
duration of the clade) has a small effect on both the mean and the median if these quantities 
are expressed in terms of absolute time. If time is scaled from zero to one the effect is more 
pronounced, but the mean and median are not affected extremely differently. This is in part 
because the clade history is not grossly asymmetrical. The mean and median should both be 
evaluated, particularly for very asymmetrical clades or clades in which large range extensions 
are likely. But in many cases (such as the present one) it may make relatively little difference 
which statistic is used. 
Stafistical testing of clade shape 
Gould et al. (1977, 1987) compared the average centers of gravity of two large, empirical 
sets of taxa, whereas Kitchell and MacLeod (1988) determined the mean and variance of CGs 
of many simulated, randomly evolving clades. The statistical problem we face here is 
different: given only two diversity histories, one morphological and one taxonomic, how can 
we determine whether an observed difference in central tendency is significant? To do so 
requires calculation of the respective CGs and an estimate of the variance of each. The 
variance of CG, is obtained by treating the diversity path as a frequency distribution (as was 
done to calculate CGJ. Thus 
The estimated variance of CG, is developed in Appendix C, based on the assumption that 
morphological diversity is measured as the variance, or the sum of variances, of a set of 
linearly uncorrelated variables, such as principal components. (I thank Prof. William A. 
Ericson, Statistics Department, University of Michigan, for providing this solution.) The z- 
statistic for the difference between CG, and CG, is equal to 2.46, which is significant at P < 
0.05. In the Blastoidea, therefore, there is a significant, temporally forward displacement of 
morphological diversity relative to generic richness. 
This result is similar to that obtained if one calculates the variance as for taxonomic 
diversity, while using the total number of species measured as the "sample size" to convert the 
variance to the standard error of the mean (i.e., CGJ. Although statistical tests for other 
measures of morphological variability are not developed here, one can gain some idea of the 
magnitude of differences in CG by inspection of Figs. 6-9. 
The Restricted Permian Reccrd 
Most of the Permian blastoid record comes from the Eastern Hemisphere, principally Timor. 
Whether the geographic restriction of Permian blastoids indicates their actual biogeographic 
distribution during the Permian or is preservational in nature, the samples representing the 
different stratigraphic intervals are not strictly comparable. The Devonian and Carboniferous 
samples represent, to a first approximation, global diversity, while the Permian sample more 
nearly approximates within-province diversity. I t  would be helpful to compare more nearly 
equivalent samples for each interval. This is especially i m p o r ~ t  because taxonomic richness 
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and morphological diversity are not equally affected by restricted sampling (see rarefaction 
analysis above). For example, suppose that various morphotypes were essentially globally 
dismbuted, but were represented by different genera in different provinces. Then preservation 
andfor sampling in a single province would likely yield a relatively large proportion of total 
morphological diversity, but a relatively small proportion of total generic richness. In the case 
at hand, this effect could bias the Permian record toward disproportionately higher morphologi- 
cal diversity, thus making the entire morphological history of the blastoids asymmetric. We 
cannot know what the morphological or taxonomic diversity would have been for the Permian 
had the Permian been represented by more extensive deposits. However, we can estimate how 
the Devonian and Carboniferous records would appear if they were similarly restricted 
geographically. 
I artificially degraded the Devonian, Lower Carboniferous, and Permian records so that each 
would be represented by the single richest deposit (or closely related set of deposits), as judged 
by the availability of specimens in museum collections. The Ordovician is already represented 
by a single deposit. Because morphological data are available for no more than one genus in 
any Silurian formation, the Silurian record, paltry enough to begin with, was not artificially 
degraded. The Upper Carboniferous is omitted altogether, as no data are available. For the 
Devonian I considered only the Harniltonian (mainly Givetian) deposits of the Michigan Basin; 
for the Lower Carboniferous only the Osagean (upper Tournaisian and lower Visean) Bur- 
lington Limestone; and for the Permian only the Upper Permian deposits of Timor. The 
number of genera known from these deposits was taken from Waters (1988) as 7, 20, and 12, 
respectively. Artificial degradation of the record changes the patterns of diversity, but not 
substantially (Fig. 10). It is important to keep in mind that the facies, geographic extent, and 
temporal scope representing each stratigraphic interval are not strictly comparable. Neverthe- 
less, it is reassuring that the pattern based on within-province diversity is not very different 
from that based on global diversity. 
Discussion 
The imperfect correlation between morphological and taxonomic diversity is not a novel 
result. However, the magnitude of these discrepancies (comparing the Lower Carboniferous to 
the Permian, for example) raises the question of what exactly we are measuring when we 
count taxa. Taxonomic richness is simply an estimate of the number of definable biological 
entities in the world, with no particular reference to the magnitude of the morphological 
differences among them. Subtaxa among different higher taxa may not generally be com- 
parable (Van Valen, 1973b). However, even within a single, well monographed clade, there is 
substantial variation in the nature of differences among subtaxa. 
A discordance between morphological and taxonomic diversity does not imply that, say, a 
doubling or halving of generic richness is uninterpretable. Rather, such changes in diversity 
should not be assumed to represent changes in ecological or morphological diversity. As 
Erwin et al. (1987) suggested, it is possible for taxonomic richness to decline substantially, 
while leaving the world ecologically nearly saturated, at a coarse scale. Summaries of the 
evolutionary history of blastoids generally refer to the Lower Carboniferous as the time of 
maximal diversity. However, it is no less significant that the most extensive occupation of 
morphospace (and possibly, by implication, ecospace) occurred in the Permian. 
The increase in morphological variety resembles a pattern of "diffusion" (e.g., Stanley, 1973; 
Fisher, 1986; Gould, 1988). This increase is seen when diversity is measured within geographi- 
cally and stratigraphically restricted deposits, suggesting that the pattern is not an artifact of 
changes in the quality of the record. 
Considering the inadequacy of the Upper Carboniferous data and the coarse level of 
stratigraphic resolution, we should interpret the foregoing analysis of clade shape with caution. 
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FIG. 10- Generic richness and morphological diversity for artificially degraded record, representing the 
single richest deposit or closely related group of deposits sampled in this study. Geographically 
restricted samples yield much the same pattern as does the entire data set. Note that the Upper 
Carboniferous is not considered; therefore samples are rarefied or bootstrapped to the Silurian sample 
size of 4, in contrast to Figs. 5-9. This accounts for the difference in the maximum value of the 
ordinate. 
" 
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However, the possibility that morphological diversity is more heavily concentrated in the latter 
half of the history of the Blastoidea remains suggestive. As more morphological data are col- 
lected, perhaps allowing finer stratigraphic resolution and better estimates of Upper Car- 
boniferous morphological diversity, the pattern may stand or fall. Although it is tempting t~ 
suggest that the late Permian extinctions truncated the clade's history, thereby making it 
asymmetric (as it is), it should be kept in mind that such a truncation should not be expected 
to affect taxonomic and morphological diversity differently, unless there is some real difference 
between the two, Whatever the case may be with the blastoids, the methods outlined above 
should serve as a foundation for comparing morphological and taxonomic diversity histories in 
other clades. 
The Trilobita also appear to exhibit a forward displacement of morphological diversity 
relative to taxonomic diversity (Foote, 1991). However, it is instructive to focus less on 
particular cases and more on what such a difference between morphological and taxonomic 
diversity histories would imply in  general. Because it has been suggested that the early history 
of animal life is marked by great morphological diversity and low taxonomic richness (Gould, 
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1989), it is worth considering reasons for the discrepancy between this perception and the 
pattern suggested by the trilobites and blastoids. 
One explanation is that the claim for greater morphological diversity in the Early Phanero- 
zoic is time-specific, having resulted because the world was relatively "empty" ecologically 
(Valentine, 1986; Gould et al., 1987; Gould, 1989). Another obvious explanation is simply 
that the trilobites and blastoids are exceptional. At this point it would be premature to 
conclude that the forward displacement of morphological diversity is a general phenomenon. 
(Of course, it could also be pointed out that the phenomenon of differential morphological 
diversification early in time has not been demonstrated rigorously.) Furthermore, it should be 
added that measures of diversity based on the morphological range indicate a radiation into 
morphospace that outpaced the initial taxonomic diversification of blastoids. But even if most 
clades proved to exhibit greater asymmetry of morphological versus taxonomic diversity 
histories, the discrepancy between this pattern and that of early morphological diversity may be 
more apparent than real. This is simply because the claim for early morphological diversity 
has been based on the number of phylum- or class-level Bauplane (disparity), rather than 
morphological variety within a single Bauplan. 
Perhaps the most celebrated example concerns the Middle Cambrian Burgess Shale and 
related deposits. Here we see a diversity of organisms, apparently quite different from each 
other, which did not survive the Cambrian. Gould (1989) has used this observation to support 
the position that body plan diversity (disparity) has decreased over time. Briggs and Fortey 
(1989) demonstrate that gradations can be found among many arthropods of the Burgess Shale. 
However, the presence of intermediates does not make the most divergent forms any less 
divergent. Whereas morphological intermediates certainly indicate a different structure of 
diversity (which would be represented by shallower rarefaction curves), they do not affect the 
total extent of morphospace occupation. 
We could, in principle, treat all the Burgess body plans as representatives of the single 
metazoan clade, but, in the absence of information on homology, it is difficult to measure the 
morphological diversity of the clade. It would be desirable to have a morphospace in which 
all Cambrian organisms could be ordinated, so that changes in morphological variety could be 
documented without reference to numbers of taxonomic units, whose significance is uncertain 
and not constant over geologic time. Although such an assessment is at this point quite 
subjective, it would seem that the Metazoa today, even if they are represented by fewer body 
plans, probably occupy more morphospace than did the animals of the Middle Cambrian. Of 
course, rarefaction of morphological diversity might reveal that, corrected for species richness 
(which is relatively low in the Middle Cambrian), morphological diversity in the Metazoa has 
in fact decreased over time. 
SIMULATION STUDIES 
Rationale 
The foregoing analysis and discussion concerned methods of testing for directionality in the 
history of a clade. Simulation of randomly evolving clades is instructive for two reasons: (1) 
it provides a benchmark against which real clades can be compared, and (2) it allows us 
systematically to vary biologically important parameters, such as speciation and extinction rates, 
to determine their likely effects on the large-scale evolutionary properties of clades. It will be 
shown below that certain patterns appear often in simulated clades, and are maintained, or even 
enhanced, as conditions of the simulations are changed. 
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Procedure 
Simulations of undirected evolution were based on the time-homogeneous approach present- 
ed by Raup et al. (1973) and Raup and Gould (1974). A simulation begins with a single 
lineage having an arbitrary morphology. At each time increment the lineage may branch into 
two daughter lineages (with probability p), become extinct (with probability q), or persist (with 
probability s). So that there is no directionality inherent in the model, p and q are assumed 
equal to each other. Furthermore, p, q, and s are stochastically constant over time. If the 
lineage branches, then one of the daughter lineages has the same morphology as its ancestor, 
while the other is allowed to evolve morphologically as follows. For each morphological 
character, a random number determines whether or not that character changes, based on the 
assigned probability of character change, u. If that character does change, it has equal 
probability of experiencing either an increment or a decrement in its value. (Probabilities of 
positive and negative change are constant and equal to each other in order to avoid inherent 
directionality.) Two different approaches were used to determine the magnitude of character 
change. (1) As in Raup and Gould's (1974) simulations, a constant value was added to or 
subtracted from the morphological value of the character. (2) In an alternative approach, the 
size of the change was taken as a constant fraction (x) of the existing character value. 
Because the latter mode of character evolution is probably biologically more realistic, at least 
for size characters (Haldane, 1949; Gingerich, 1983), all simulation results presented are based 
on this mode. However, with respect to the statistical properties of clades discussed here, 
there is virtually no difference whether morphological change is constant or proportional. 
The model employed differs from early simulations (Raup et al., 1973; Raup and Gould, 
1974; Gould et al., 1977) in two important respects. (1) Only strictly monophyletic clades 
were considered. Each simulation initiates with a single lineage. This lineage and all its 
descendants are considered a single clade. Thus, no decisions are made to form new clades 
arbitrarily. (2) Phyletic evolution can also be incorporated, with stochastically constant 
probability r. (The probability of persistence, s, is equal to 1 - p - q - r.) In the event of 
phyletic evolution, the magnitude and direction of character change are determined exactly as 
in the event of branching described above. 
Overall, the model of stochastic evolution is intended to be biologically reasonable (contai- 
ning the principal elements of speciation, extinction, and morphological evolution), but to lack 
any inherent directionality (as all the parameters in the model are held stochastically constant 
through the duration of a simulation). The purpose of simulations is to determine whether any 
large-scale directionalities result from a process that is essentially non-directional at the smaller 
scale, not to try to replicate observed patterns by making the model progressively more 
realistic or "finely tuned." The use of time-homogenous taxonomic rates docs not constitute 
belief that these rates are in fact constant (on the question of constancy of taxonomic rates, 
see, e.g., Van Valen, 1973a; Raup, 197%; and Raup, 1988). Just as agreement between an 
empirical pattern and the results of a directional model does not indicate that the model 
explains the real world, the failure to distinguish between an empirical pattern and the results 
of a non-directional model does not indicate that there were no directional processes contribut- 
ing to the empirical pattern. 
Initial Choice of Pararncters 
Speciation and extinction rates 
The importance of scaling simulations empirically has been cogently argued by Stanley et 
al. (1981). Reasonable estimates for speciation and extinction rates are available for particular 
higher taxa (e.g. Horowitz et al., 1985; Foote, 1988) as well as for larger assemblages of taxa 
(e.g. Raup, 1978). Published estimates of rates of speciation and extinction are often in the 
neighborhood of 0.1 events per lineage per million years. Based on survivorship analysis of 
blastoid genera, Horowitz et al. (1985) estimate the speciation rate at 0.2. Because the value 
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0.1 is closer to that for all invertebrates (Raup, 1978) I have used this value for most 
simulations. (The sensitivity analysis discussed below will investigate the effects of varying 
taxonomic rates.) The published estimates concern speciation and extinction rates, while the 
model employs probabilities. For sufficiently fine time increments and/or sufficiently small 
rates, the rates and probabilities are approximately equal. Simulations with the initial 
parameter choice were run with time increments of 1 m.y. Sensitivity analyses are based on 
simulations using 0.1 m.y. increments. At this level of resolution, the discrete-time simulation 
provides a reasonable approximation to the continuous process. 
Phyletic evolution rate 
Phyletic evolution rate, as employed here, refers to the number of "events" of phyletic 
evolution per lineage per million years, and is not equivalent to the magnitude of character 
change per unit time. The general importance of phyletic evolution, as opposed to morphologi- 
cal evolution associated with cladogenesis, has been inconclusively debated. For simplicity, not 
for realism, I first present simulations without phyletic evolution. Sensitivity analysis will later 
explore the effects of allowing the rate of phyletic evolution to vary from zero to ten times the 
speciation rate. It is likely that the actual prevalence of phyletic evolution lies somewhere in 
this interval. 
Probability of character change, size of increment, and number of characters 
Gingerich (1983) has tabulated data showing, for size at least, that morphological measure- 
ments on closely related species are typically within about 20% of each other, regardless of 
how much time was involved in the morphological transition. This is in rough agreement with 
an analysis of 17 coordinates in 12 species of Pentremites. If each species is compared to its 
nearest neighbor in morphospace, i.e. to the species morphologically most similar to it, the 
median character difference is 14%. As Gingerich points out, the commonly observed 
difference of 20% partly reflects the fact that species differing by very small amounts are 
unlikely to be discriminated in the first place, while species that are very different are unlikely 
to be compared. The expected difference between ancestral and descendant lineages per 
character is simply ux, where u and x are as defined above. In order to be conservative in 
choosing the average morphological step size, I have used intial values of u = 0.5 and x = 0.1. 
Sensitivity analyses presented below explore the effects of changing these values. 
For initial simulations I have used 10 morphological characters, each starting with an 
arbitrary value of 10 (varying this value has no appreciable effect on the results). This 
number of variables was chosen because it is of the same order of magnitude as the number of 
features commonly measured in studies involving morphological evolution. The effects of 
changing the number of variables are discussed below. 
Summary 
Except for exploring the effect of varying single parameters, all simulations used speciation 
and extinction rates of 0.1 events per lineage per million years; phyletic evolution rate of zero; 
probability of character change of 0.5; morphological step size of 0.1 times the existent 
character value; and ten morphological variables. 
Results Based on Initial Parameter Choice 
It is well known that nearly any conceivable diversity history can result from a simulation 
of the type employed here. To gain insight into the expectation of the model, I have run 1 0 0  
simulations and determined for each simulation the center of gravity of taxonomic diversity and 
total morphological variance. Use of the median reveals the same patterns as those discussed 
here. Because clades consisting of a single lineage are constrained to have CGs of 0.5, they 
were excluded from consideration as essentially uninformative. All simulations were allowed 
DIVERSITY IN CLADE HISTORY 123 
to run for 600 simulated million years (an arbitrary choice, corresponding approximately to the 
duration of the Phanerozoic). Clades extant at the end of the run were disregarded. 
Neither taxonomic richness nor morphological diversity has any pronounced tendency toward 
asymmetry. Taxonomic and morphological CGs averaged over all simulations are 0.499 and 
0.515, respectively. Because all time increments are of equal length, the CGs inherent in the 
time scale are both 0.5, and no correction for this is needed. Although the mean morphologi- 
cal CG is slightly larger than 0.5, the variance in CG, is so great that the mean cannot be 
distinguished from 0.5. However, we can also ask, regardless of the central tendency, how 
often does one aspect of diversity have a higher central tendency than the other? Over 63% 
of all simulations yielded clades with CG, greater than CG,. This is significantly different 
from 50% at P < 0.01. Thus, a temporal asymmetry at a large scale results from a set of 
smaller-scale processes (speciation, extinction, and morphological change) that are time- 
homogeneous. 
Interpretation 
Why should morphological variety in randomly evolving clades be displaced later in time, 
on average, relative to taxonomic richness? The sensititivy analysis presented below strongly 
suggests that this is not an artifact. First principles and the inspection of many simulated 
clades point toward the importance of morphological diffusion (random walking), and extinction 
that acts randomly with respect to morphology. As Raup and Gould (1974) showed for 
randomly evolving clades, and as others have shown for real clades (see Gould, 1988), 
variance in morphology often tends to increase as a clade diversifies. Now consider what 
happens when taxonomic diversity decreases (Fig. 11). If extinction preferentially selected 
against morphologically extreme species, then we would expect morphological diversity to 
decrease as well. But if extinction were effectively random with respect to morphology (at a 
sufficiently coarse scale of analysis), much morphological variabilily could be maintained, 
despite a decrease in taxonomic diversity. In fact, a clade could even continue to diffuse 
through morphospace, because speciation and phyletic evolution would continue. Many 
simulated clades show this very pattern: morphological diversity is maintained or increases 
during declines in taxonomic richness (Fig. 12). Although it may be tempting to interpret such 
a buffering of morphological diversity as an immediate consequence of organismic adaptation, 
it should be stressed that it is simply a predictable effect of the geometry of branching. 
Sensitivity Analysis 
It is possible that the discrepancy between morphological and taxonomic diversity in the 
simulations results from the particular choice of parameters. To test for this possibility, several 
parameters were varied independently, leaving all other parameters the same as in the forego- 
ing simulations. The results of these sensitivity analyses suggest that only the duration of a 
clade and the number of morphological characters have any appreciable effect. As the duration 
of a clade increases, the magnitude of CG, increases, and the tendency for CG, to be greater 
than CG, becomes more pronounced. These same changes are likewise observed as more 
morphological characters are measured. 
Duration of clade 
The foregoing results summarized the history of multilineage clades of any duration, 
provided they had become extinct before the end of the simulation. To investigate the effects 
of clade duration, I culled the results of the foregoing set of simulations, choosing increasing 
values for minimum duration, and ignoring clades that failed to attain this minimum duration. 
The effect of duration on central tendency is depicted in Fig. 13. As the minimum duration 
increases, the taxonomic CG barely changes, whereas the morphological CG increases. 
Accompanying the increase in morphological CG, the percentage of simulations in which 
morphological CG is higher than taxonomic CG also increases. It would appear as though 
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FIG. 11- Effects of random and selective extinction on morphological diversity, depicted in a hypotheti- 
cal, two-dimensional morphospace. A: ini~ial morphological distribution. B: imposition of extinction; 
extinct species indicated by stars, surviving species by squares. C: resulting morphological disuibu- 
tion. While selection against morphological extremes decreases b o ~ h  taxonomic and morphological 
diversity, random extinction allows morphological variety to be maintained despite decrease in 
taxonomic richness. 
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Time (sca led 0-1) 
FIG. 12- Morphological and taxonomic diversity histories of simulated clades, based on initial parameter 
choice discussed in text. Data lumped into increments of 5 m.y. Clades presented are the first eight 
that attained richness of 20 or more lineages at any point during their history (to make clade history 
less volatile and therefore easier to follow). Morphological diversity (dashed curve) measured by total 
variance, taxonomic diversity (solid curve) by number of lineages. Each tick mark on time axis 
represents 5 m.y. Each tick mark on diversity axis represents one lineage. Note tendency for 
morphological diversity to be maintained and LO increase despite decreases in taxonomic diversity. 
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FIG. 13- Effect of minimum clade duration on simulation results. Cladcs that endure longer spread 
further through morphospace; their morphological variety is therefore more difficult to reduce by 
taxonomic extinction. In this and all subsequent figures, short-dashed line (T) gives taxonomic CG, 
long-dashed line ( M )  gives morphological CG, solid line ( C / o )  gives percent of runs with CG, greater 
than CG,, and dotted line indicates position at which CG = 0.5 and 50% of runs have CG, greater 
than CG,. Note that Figs. 13-18 are drawn to different scales. 
short-lived clades have not had time to diffuse sufficiently through morphospace to enable 
them to maintain morphological diversity as taxonomic richness decreases. 
Taxonomic rates 
Estimates of median lineage duration tend to fall around 3 to 10 million years (Raup, 1978), 
corresponding to extinction rates of 0.23 to 0.07 events per lineage per million years, respec- 
tively. Simulations were performed at tcn values of p (=q) between 0.07 and 0.25 (Fig. 14A). 
The published estimate of median lineage duration in blastoids lies in this range at about 3.5 
my., or q = 0.2 (Horowitz et al., 1985). 
Taxonomic rates are an important aspect of a clade's macroevolutionary dynamics. Because 
clades with higher turnover rates exhibit greater fluctuations in total diversity (see discussion in 
Stanley et al., 1981), at least one aspect of clade shape is affected by changes in taxonomic 
rates. However, in terms of central tendency and the relationship between morphological and 
taxonomic CG, the effect of taxonomic rates is small. There is a tcndcncy for morphological 
CG to decrease as taxonomic rate increases. Intuitively it is not clear why this should be, but 
the magnitudc of the change is quite small, particularly when wc consider the great range of 
taxonomic rates covered. The dependence of CG upon clade duration was mentioned above. 
If we omit clades enduring less than the expected half-life of the clade, we find, as above, an 
enhancement of the tendency for morphological CGs to be higher than taxonomic CGs. As 
when short-lived clades are included, this tendency decreases as taxonomic rate increases, but 
the magnitude of the change is still very small (Fig. 14B). Therefore, for practical purposes, 
the effect of taxonomic rates on both morphological and laxonomic CG is neglible. 
Rate of occurrence of phyletic evolution 
Van Valen (1990, Table 3) presented data indicating that instances of phyletic transition are 
about as common as branching events in some Cenozoic mammalian lineages. The likely 
upper limit on the rate of phyletic evolution is difficult to estimate, but a value of twice the 
speciation rate (which, in the model, would mean that on average 213 of all morphological 
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FIG. 1 L  Effect of taxonomic rates of evolution on simulation results. A: all clades. B: only clades 
enduring longer than median clade duration (i.e., clade half-life). Effect of taxonomic rate is small 
considering the magnitude over which this rate is varied. 
change is independent of speciation) may be a reasonable guideline. Simulations were run for 
ten values of r varying from 0 to 2p, as well for eight values from 3p to 10p (corresponding 
to the occurrence of over 90% of morphological evolution independent of speciation) (Fig. 15). 
Although there is a decrease in CG, and in the tendency for CC, to be greater than CG, as r 
increases, the magnitude of these changes is small, especially considering the wide range over 
which r is varied. As with the results when taxonomic rates were varied, it is not intuitively 
obvious why these changes should occur. Even pushing r to a value that might stretch the 
belief of many a paleontologist, there is still a significant tendency for morphological diversity 
to be more heavily concentrated later in time than taxonomic diversity. Therefore, variation in 
the rate of phyletic evolution is unlikely to alter subs~ntially the relationship between morpho- 
logical and taxonomic CG. 
Probability of character change and size of morphological change 
The theoretical lower limit on u is zero and the upper limit unity. If u were very near 
zero, then it is unlikely that sufficient morphological evolution would occur for us to recognize 
different species. Keeping x constant at 0.1, I varied u from 0.1 to 1.0. This corresponds to 
an expected degree of character change ranging from 1% to 10%. The value of x is not 
permitted to reach unity, according to the model, as this would imply that a character could 
decrease by loo%, i.e., take on a value of zero. Because character change is multiplicative, no 
subsequent character evolution would then be possible. I therefore varied x from 0.05 to 0.9, 
with u constant at 0.5. This corresponds to a range of expected character change of 2.5% to 
45%, probably covering the true biological range for most circumstances. (Recall that 
interspecific character differences in Pentremites are about 14%.) Neither changes in u nor 
changes in x have any substantial effect on CC, or on the tendency for CC, to be greater than 
CG, (Figs. 16 and 17). 
Number of characters 
No presumption is made in the model regarding the nature of morphological characters, i.e. 
whether they represent size, meristic counts, or some other feature. That the simulation results 
are relatively insensitive to the size of character changes suggests that it matters little what 
kind of characters are involved. However, we need also to consider the dimensionality of the 
morphospace, i.e., number of characters. To do so I varied the number of simulated morpho- 
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KG. 15- Effect of phyletic rate of evolution on simulation results. Phylctic rate is the frequency of 
occurrence of phyletic morphological change, not the rate of character change per unit time. Effect of 
phyletic rate is small considering the magnitude over which this rate is varied. 
.49 '43% 
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FIG. 16- Effect of probability of morphological change on simulation results. Virtually no effect is 
observed. 
logical characters from 1 to 20 (Fig. 18). The percentage of simulations with CG, greater 
than CG, is significantly different from 50% regardless of the number of characters. There is 
an increase in morphological CG with the number of characters. Likewise, the tendency for 
morphological CGs to be higher than taxonomic CGs also increases with the number of 
characters. 
Given that it is never possible to study the entire morphology of an organism, this result 
has obvious significance (G. Smith, personal communication): measuring the morphology 
increasingly more thoroughly only enhances the pattern observed, so the perceived displacement 
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FIG. 17- Effect of morphological step size on simulation results. Despitc variation in results, no clear, 
systematic effect is observed. 
.49 4 143% 
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FIG. 18- Effect of number of characters on simulation results. Clades that diffuse through more 
dimensions in morphospace have stronger tendency ro maintain morphological variety in the face of 
taxonomic extinction. 
of morphological diversity later in time is unlikely to be an artifact of incomplete specification 
of morphology. The greater the dimensionality of the morphospace, the more extensively a 
clade diffuses and, therefore, the more likely i t  is to maintain morphological diversity as 
taxonomic diversity declines. This result is intuitively appealing, as random walks in one or 
two dimensions are bound to cross infinitely of~en, while random walks of higher dimen- 
sionality have a non-zero probability of never meeting (Feller, 1968, p. 360). 
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DISCUSSION 
The sensitivity analysis demonstrates the robustness of the suggested pattern that mor- 
phological CGs tend to be higher than taxonomic CGs for randomly evolving clades. The two 
factors that have a substantial effect on this pattern are the number of morphological characters 
and the duration of the clade. Because very short-lived clades have not yet diffused extensive- 
ly through morphospace, we cannot expect them to exhibit this pattern. If we take speciation 
and extinction rates to be 0.1, then fully half of all randomly evolving clades are expected to 
suffer total extinction in 10 million years or less (Raup, 1985, equation A7). Yet we com- 
monly study clades enduring tens if not hundreds of millions of years. Consider the Blas- 
toidea, which endured some 220 million years. If speciation and extinction rates were each 
equal to 0.2 (Horowitz et al., 1985), the probability that the clade would have endured this 
long with time-homogeneous branching and extinction is less than 0.03 (Raup, 1985, equation 
All).  The mere fact that we study a clade over some substantial history suggests that it was 
extraordinarily lucky, that speciation rates were higher than extinction rates, or that there was 
some non-randomness in its evolution, perhaps the opening of a new adaptive zone. While 
many of us would tend to favor the last explanation, the possibility of blind luck should not be 
discounted. Because every spccies is, in essence, the founder of a clade, there are scores of 
millions of trials from which to pick a few lucky clades that happen to endure longer than a 
few million years. 
This study has analyzed a single aspect of clade shape. One problem with using the center 
of gravity is that there is in a sense a bias (inherent in  a time scale of equal-length incre- 
ments) toward symmetry. Clades of very different shape can all have the same CG, so 
information is lost. It is for this reason that I have focused on the dqference between 
morphological and taxonomic CGs. Assessing the uniformity (sensu Gould et al., 1977) might 
allow greater resolution in comparing morphological and taxonomic diversity. 
It was shown above, and by Kitchell and MacLeod (1988), that taxonomic CG tends to fall 
around 0.5. This initially seems to disagree with Gould et al. (1977), who found that CG 
increased with branching probability. However, Gould et al. (1977) were able to explain their 
result, partly by reference to their use of the "damped equilibrium" model. 
How do the simulations relate to the history of the Blastoidea? I do mean to suggest that 
forward displacement of morphological diversity is a possibility in the blastoids, that this 
pattern is the expected result of a non-directional branching process, and that extinction acting 
randomly with respect to morphology is an important cause of this pattern (in the model). 
However, I wish to stop far short of suggesting that the model explains the evolution of the 
Blastoidea or any other clade, that forward displacement of morphological diversity is the rule 
in real clades, or that extinction in the Blastoidea or any other clade is random with respect to 
morphology. As has bcen stressed by previous authors, the use of stochastic models does not 
imply belief in randomness at all scales. Rather, i t  reflects the idea that smaller-scale events 
may be quite deterministic, but so multifarious in their causes, that they are not fully predic- 
table when viewed at a larger scale (Raup et al., 1973). 
The class Blastoidea was chosen for its monophyly and systematic treatment, the quality of 
its fossil record, and the measurability of its morphology. Nevertheless, it may be argued that 
the Blastoidea are not representative of clades on the whole. The only way to assess the 
generality of the proposed discrepancy between morphological and taxonomic cenlral tendency 
is to study the problem in many clades. The Trilobita seem to agree with the pattern (Foote, 
1991), and R. Wood (personal communication) suspects that the Archaeocyatha may do so as 
well. On the other hand, preliminary analysis of Raup's coiling parameters for 405 ammonoid 
genera suggests that morphological diversity is displaced backward in time relative to generic 
richness. Assessment of the pattern in ammonoids is hampered by the fact that only plani- 
spiral ammonoids are included. 
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The importance of the distinction between taxonomtc richness and morphological diversity is 
well recognized. However, the former has generally been more objectively quantified, while 
the latter is assessed more subjectively and anecdotally. By appropriate choice of morphospace 
it should be possible to obtain nearly equally reliable estimates of morphological variety and 
taxonomic richness. Finally, neither morphological variety nor taxonomic richness should be 
considered the "right" measure of diversity. In general it is the comparison between the two 
aspects of diversity, not the choice of one over the other, that is of interest. Large-scale 
patterns in the two aspects of diversity may not differ appreciably, in which case the explicit 
consideration of both serves to strengthen our conclusions. On the other hand, there are cases, 
as with Carboniferous versus Permian blastoids, where consideration of both aspects of 
diversity might lead us to different conclusions than would reliance on a single measure of 
diversity. Modification of our perception of life's history by incorporation of more complete 
information can only be considered a step in the right direction. 
SUMMARY AND CONCLUSIONS 
(1) Conservative arrangement of major thecal plates enables identification of a set of 
homologous landmarks that encompass important aspects of morphological variation in the 
blastoid theca. 
(2) Blastoids provide a good case study for comparing secular patterns in morphological and 
taxonomic diversity because they are readily measurable, slrictly monophyletic, extinct, stable 
in their systematic treatment, diverse, and long-lived. 
(3) Rarefaction of samples enables comparison of the extent of morphospace occupation 
relatively independently of sample size. 
(4) Although the Silurian and Ordovician represent times of low taxonomic richness and 
morphological diversity, the correspondence between these two aspects of diversity is not 
perfect. Most notably, the Lower Carboniferous represents the time of maximal generic 
richness, whereas morphological diversity is relatively low in Lower Carboniferous blastoids. 
Conversely, generic richness in the Permian is one third that of the Lower Carboniferous, but 
the Permian represents the time of maximal morphological d~versity in blastoids. Whereas 
generic richness increases until the Lower Carboniferous and then decreases, morphological 
diversity seems to increase until the extinction of the Blastoidea. 
(5 )  Descriptors of clade shape can be applied to the history of morphological as well as 
taxonomic diversity. There appears to be a significant difference in the central tendency of the 
two aspects of diversity, with morphological diversity more heavily concentrated in the latter 
half of the blastoids' history than is generic richness. 
(6) The biogeographic restriction of Permian blastoids may allow morphological diversity to 
be better represented than taxonomic diversity. However, artificial degradation of the Devon- 
ian, Carboniferous, and Permian records, each to a single geographic region and narrow 
temporal window, yields diversity patterns that are broadly similar to global patterns. 
(7) The use of a null branching model suggesb that a large-scale asymmetry in a clade's 
history-the forward displacement of morphological versus taxonomic diversity-may result from 
processes that are non-directional and time-homogeneous at a smaller scale. The important 
factors contributing to the forward displacement of morphological diversity are random 
diffusion through morphospace and the randomness of ext~nction with respect to morphology. 
These factors allow morphological diversity to decrease only slightly, and even to increase, 
despite substantial decreases in taxonomic richness. 
(8) The results of simulations are robust in the face of variation in most biologically 
significant parameters. Only the duration of a clade and the number of morphological 
characters have substantial effects. The longer-lived a simulated clade and the more thoroughly 
documented its morphology, the more likely it is to exhibit forward displacement of mor- 
phological diversity relative to taxonomic richness. In other words, the more time a clade has 
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had to spread through morphospace, and the more directions in which i t  has been able to 
spread, the more difficult it is to reduce its morphospace occupation by taxonomic extinction. 
(9) The apparent agreement between the histories of blastoids and simulated clades must be 
interpreted with extreme caution. Although there arc suggestions that other real clades may 
show a pattern similar to the blastoids, much more evidence is needed before we can decide 
whether the greater asymmetry of morphological versus taxonomic diversity histories represents 
an empirical generality. Even if this proves to be the case, it would not demonstrate that the 
null model employed adequately explains the pattern. 
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DIVERSITY IN CLADE HISTORY 
APPENDIX A. LIST OF SPECIMENS MEASURED 
Genus and species Museum number' 
Ordovician 
Macurdablastus uniplicatus (Holotype) UShM 359645 
Silurian 
Decaschisma pulchellwn UM 6 1803 
Polydeltoideus enodotus (Holotype) UM 37805 
Polydeltoideus enodotus UM 47560 
Troosticrinus ?reinwardti USNM 455895 
Troosticrinus? concinna (Holotype) USNM 160573 
Devonian 
Caryoblastus bohemicus UM 66125 
Cordyloblastus eifelensis (Plesiotype) USNM S-5086 
Cordyloblastus wachrmuthi USNM S-6147 
Cryptoschisma schultzii UM 60602 
Cryptoschisma schultzii UM 60605 
Cryptoschirma schultzii UM 60614 
Devonoblastus leda UM 48582 
Devonoblastus sp. UM 47556 
Devonoblastus whiteavesi (Toptype) UM 35036 
Elaeacrinus verneuili USNM 455894 
Eleutherocrinus cassedayi UM 57425 
Eleutherocrinus sp. USNM S-3671 
Ifeteroschirma alatum UM 62256 
tleteroschisma alatwn UM 62257 
Heteroschisma alternatum UM 62264 
Neteroschisma canadenre UM 54117 
Ifeteroschirma subtruncatum UM 62294 
Ifyperoblastus alveata (FIypotype) UM 37809 
Hyperoblast us filosa USNM 455889 
Ilyperoblastus sp. USNM 455890 
Lepfoschisma lorae (Plesiotype) USNM 160709 
Nucleocrinus elegans UM 59997 
Nucleocrinus eleganr (Hypotype) UM 66130 
Nucleocrinus melloniformir UM 57840 
Nucleocrinus obovatus (IIyptype) UM 1262 
Nucleocrinus sp. USNM 455893 
Pentremitidea archiaci UM 60625 
Pentremitidea archiaci UM 62252 
Pentremitidea pailleti USNM 455891 
Pleuroschisma lycorias (I'lcsiotype) USNM 160715 
Lower Carboniferous 
Codaster acutus UM 60646 
Codaster acutus USNM S-6137 
Cribroblastus incisus (Holotype) USNM S-3721 
Cryptoblastus melo USNM S-6154 
Cryptoblastus pirum USNM S-5345 
Decemoblastus melonoides (Plesiotype) USNM S-5358 
Diploblastus glaber UM 57858 
Globoblastur norwoodi UM 59928 
Globoblastus norwoodi UM 66127 
Granatocrinus shurnardi UShM 37712 
lladroblastus convexus (Plcsiotype) USNM 248248 
Iladroblastus whitei UM 59712 
Fladroblastus whitei UM 59713 
Katoblastus piizos (Plesiotypc) USNM S-3230 
Koryschirma parvwn (Syntype) U M  62304 
Lophoblastus neglectus USNM S-6155 
Mesoblastus crenulatus (Plesiotype) USNM S-3775 
Metablastus varsovienris USNM S-6146 





Orophocrinus catactus (Plesiotype) 
Orophocrinus conicus 
Orophocrinus stelliformis (h'eotype) 
Orophocrinus stelliformis 
















Phaenoschisma conicum (Plcsiotype) 
Phnenoschisma laeviculwn 
Poroblastus granulosus 





Angioblastur bolivienris (IIolotype) 













Plerotoblasius brevialatus (Plcsiotypc 
Plerotoblastus gracilis (Plesiotype) 















































:) USNM 248367 
USNM 248327 
USNM 248336 
' Abbreviations: UM, University of iMichigan Museum of Paleontology; USNM, United States National Museum of 
Natural History. 
The base of h i s  specimen is incomplete. In order to obtain measurements, the base was reconstructed with 
modelling clay, based on published figures. This procedure does not bias the Permian toward arrificially high 
morphological diversity, since Permian variability remains high when this specimen is omitted from analysis, as in 
Fig. 10. 
M. FOOTE 
APPENDIX B. AVERAGE CARTESIAN COORDINATES FOR SPECIES 
USED IN THIS STUDY 
[Table includes facing page and continues on following pages] 
N is number of specimens measured for each species. Coordinates are for landmarks (Fig. 1 )  in transformed 
coordinate system. Landmarks 1 and 7 are reference coordinates. See text for explanation. 
Landmark 2 Landmark 3 















































Lophoblasf us neglectus 
DIVERSITY IN CLADE HISTORY 
APPENDIX B. [Continued] 
Landmark 4 
X Y z 
Landmark 5 
X Y Z 
Landmark 6 
X Y Z 
Landmark 8 
X Y z 
M. FOOTE 
APPENDIX B (continued) 
[Table includes facing page] 
Genus and species 
Landmark 2 Landmark 3 












































DIVERSITY IN CLADE HISTORY 
APPENDIX B (continued) 
Landmark 4 Landmark 5 Landmark 6 Landmark 8 
X Y z X Y z X Y z X Y z 
M. FOOTE 
APPENDIX C: ESTIMATION OF VARIANCE OF MORPHOLOGICAL CG 
We begin by noting that the formula for center of gravity, CG (Equation l) ,  is in the form 
of a ratio. Let x = zw,t, and y = z w ,  be two random variables. Kendall and Stuart (1963, 
p. 232, equation 10.17) give the variance of a ratio as 
If t, and w, are uncorrelated random variables, then 
and 
By assumption, w, is the sum of variances of principal components or other independent 
variables. If v ,  is the variance of the j' variable at time i, hen V(wj = ~,v(v, , ) .  Substituting 
into the equations in A2 yields 
E(x) = C,t, ~ ,E (v , )  
EOi) = Z, C,E(V,~) 
V(x) = C,t,2 Z,V(V,) (A31 
Vb) = C,V(V,,) 
and cov(x,y) = x,t, C,V(V,,) 
The variance of a sample variance, i.e., V(V,~), is given by Kendall and Stuart (1963, p. 244, 
exercise 10.13) as 
where and p, are the population variance and fourth moment, respectively, and n is the 
sample size. I have used bootstrapping as described above to obtain estimates for p, and p,; 
the results are nearly identical if one uses the observed sample variance and fourth moment 
instead. Substituting Equation A4 back into A3 and then back into A1 gives an estimate of 
the sampling variance of the CG statistic, i.e., V(CGJ. Assuming that (CG,-CGJ is ap- 
proximately normal, we can then compute the z-value for the difference in means as 
which is compared to the standard normal distribution. As mentioned in the text, the result is 
similar to that obtained by simply calculating the variance of the morphological diversity 
trajectory (treating it like a frequency distribution), and using the total number of morphologi- 
cal data points as the "sample size" to convert this variance to the standard error of CG,. 
